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MML Identifier: GOBOARD6.

The articles [15], [17], [7], [, [14], [16], [12], [4], [2], [8], [9], [13], (18], [3], (3],
[6], [10], and [11] provide the notation and terminology for this paper.

For simplicity we follow the rules: i, j, n will be natural numbers, r, s, rq,
81, T2, Sy will be real numbers, p will be a point of 5%, G will be a Go-board,
M will be a metric space, and u will be a point of £2.

One can prove the following propositions:

(4)! For every metric space M and for every point u of M such that r > 0
holds u € Ball(u, r).

(6)2 For every subset B of the carrier of £% and for every point u of £" such
that B = Ball(u,r) holds B is open.

(7)  Let M be a metric space, and let u be a point of M, and let P be a
subset of the carrier of Mi,,. Then u € Int P if and only if there exists r
such that » > 0 and Ball(u,r) C P.

(8) Let u be a point of £™ and let P be a subset of the carrier of £f. Then
u € Int P if and only if there exists r such that » > 0 and Ball(u,r) C P.

(9)  For all points u, v of £2 such that u = [r1,s1] and v = [rg, s2] holds
plu,v) = \/(7‘1 —19)2 + (51 — 52)2.
(10)  For every point u of £2 such that u = [r, s] holds if 0 < ry and 75 < rq,
then [r + ro, s] € Ball(u,r;).
(11)  For every point u of £2 such that u = [r, s] holds if 0 < s9 and s3 < s,
then [r, s + so] € Ball(u, s1).
(12)  For every point u of £2 such that u = [r, s] holds if 0 < ry and 75 < rq,
then [r — ro, s] € Ball(u,r;).

!The propositions (1)—(3) have been removed.
2The proposition (5) has been removed.
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(13)  For every point u of £2 such that u = [r, s] holds if 0 < s3 and s3 < s,
then [r, s — so] € Ball(u, s1).

(14) Ifl<iandi<lenGand1l < jandj < widthG, then G; j+Git1 41 =
Gijr1+ Gig1-

(15)  Intwvstrip(G,0) = {[r,s] : r < (G11)1}-

(16)  Intwvstrip(G,len G) = {[r,s] : (Gieng,1)1 < T}

(17) If1 <iandi <lenG, then Intvstrip(G,i) = {[r,s] : (Gi1)1 <7 A r<
(Git11)1}

(18)  Inthstrip(G,0) = {[r,s] : s < (G1,1)2}

(19)  Inthstrip(G,width G) = {[r, s] : (G1,wiathc)2 < S}

(20) If 1 < j and j < widthG, then Int hstrip(G,j) = {[r,s] : (G1,)2 <
s A s <(Gij+i)2}

(21)  Imtcell(G,0,0) ={[r,s] : 7 < (G11)1 A s<(G11)2}

(22)  Intcell(G,0,widthG) = {[r,s] : 7 < (G1,1)1 N (Giwidthg)2 < S}

(23) If1<jandj < widthG, then Intcell(G,0,5) = {[r,s] : r < (G11)1 A
(G1j)2 <s A s <(Gij1)2}-

(24) Intcell(G,lenG,0) ={[r,s] : (Glenc1)1 <7 A s <(G11)2}.

(25) Intcell(G,len G,widthG) = {[r,s] : (Gienc,1)1 <7 A (Gl widthG)2 <
s}.

(26) If 1 < j and j < widthG, then Intcell(G,lenG,j) = {[r,s]
(Greng,1)1 <7 A (Grj)2 <s A s <(Gij+1)2}

(27) If1<iandi<lenG, then Intcell(G,4,0) = {[r,s] : (Gi1)1 <r A r<
(Gigr1)1 A s < (Gra)2}-

(28) If1 <iandi < len@, then Intcell(G,i, widthG) = {[r,s] : (G;1)1 <
r A r<(Git1,1)1 A (Giwiama)2 < s}

(29) Ifl<iandi<lenGand1 < jandj < widthG, then Intcell(G, i, j) =
{[’I“, S] : (Gi,l)l <r ANr< (Gi+171)1 A (G1J)2 <s N s< (Gl’j+1)2}.

(30) If1<jandj < widthG and p € Int hstrip(G, j), then p2 > (G1;)2.
(31) If j < widthG and p € Int hstrip(G, j), then pa < (G1 j4+1)2.

(32) Ifl1<iandi<lenG and p € Intvstrip(G, i), then p1 > (Gi1)1.

(33) Ifi<lenG and p € Intvstrip(G, i), then py < (Git1,1)1-

(34) Ifl1<iandi+1 <lenG and 1 < j and j+ 1 < widthG, then

% . (Gm‘ + G,’+17j+1) € Int Cell(G,i,j).

(35) If1 <idiandi+1 < lenG, then % - (Giwidthc + Git1widtha) + [0,
1] € Int cell(G, 7, width G).

(36) Ifl<iandi+1<lenG,then 3 (Gi1+Git11)—[0,1] € Intcell(G,4,0).

(37) If1 < jand j+1 < widthG, then 1 - (Giengj + Glencj+1) + [1,
0] € Int cell(G, len G, j).

(38) If1 < jandj+1 < widthG, then - (Gy; + Gi 41) — [1,0] €
Int cell(G, 0, 7).

(39)  Gia—[1,1] € Intcell(G,0,0).
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(40)  Gleng,widthc + [1,1] € Int cell(G,len G, width G).

(41)  Giwidthe + [—1,1] € Int cell(G, 0, width G).

(42)  Glenga +[1,—1] € Intcell(G,len G, 0).

(43) Ifl<iandi<lenG and 1< jand j < widthG, then £(3 - (G;; +

Gir141)s 5+ (Gig + Gijp)) C Intcell(G,4, j) U{5 - (Gij + Gije1)}-

(44) Suppose 1 < i and i < lenG and 1 < j and j < width G. Then 5(% .
(Gij+Git1j41), 5 (Gijs1+ Gig14+1)) € Inteell(G,i,5) U{3 - (Gijp1 +
Git1j+1)}-

(45)  Suppose 1 < i and i < lenG and 1 < j and j < width G. Then 5(% .
(Gij+Git1j41), 5 - (Gir1,j + Giy1,4+1)) € Inteell(G,4,5) U{3 - (Gigr,j +
Git1j+1)}-

(46) Ifl1<iandi<lenG and 1< jand j < widthG, then £(3 - (G;; +
Gi+1,j+1), % . (G@j + Gi+17j)) C Int Cell(G,i,j) U {% . (Gi,j + Gi+17j)}.

(47) If1<jand j < widthG, then £(3 - (G1; + G1+1) — [1,0], 3 - (G1,; +
G17j+1)) C Int cell(G, O,j) @] {% . (Gly]’ + Gly]q_l)}.

(48) 1If 1 < j and j < width G, then ﬁ(% (Gienag,j + Giena,j+1) + [1,0],%
(Gienc.j + Grenc,j+1)) € Intcell(G,len G, j) U {5 - (Gienc,j + Glenc,j+1)}

(49) If 1 < ¢ and i < lenG, then 5(% - (Gip + Giy11) — [0, 1],% - (Gip +
Git11)) C Intcell(G,4,0) U {3 - (Gi1 + Giy11)}-

(50) If 1 < ¢ and ¢ < lenG, then E(% - (Giwiathc + Giti1wiatha) + [0,
1], % . (Gi,widthG + Gi—i—l,width G)) C Int CGH(G, 1, width G) U {% . (Gi,widthG +
Git1,width @) }-

(51) If1 <jand j < widthG, then £(3 - (G1; + G1,j+1) — [1,0],G1; — [1,
0]) € Intcell(G,0,7) U{G1; — [1,0]}.

(52) If1<jandj < widthG, then £(5 (G4 G1j+1) — [1,0], G141 — [1,
0]) € Intcell(G,0,7) U{G1 j+1 — [1,0]}.

(53) If 1 < j and j < widthG, then L(3 - (Gienc,j + Grenc,j+1) + [1,
0], Gienc,j + [1,0]) C Intcell(G,len G, j) U{Gieng,; + [1,0]}.

(54) If 1 < j and j < widthG, then L(3 - (Gienc,j + Grenc,j+1) + [1,
0, Gien,j+1 + [1,0]) C Intcell(G,len G, j) U{Glenc, j+1 + [1,0]}.

(55) If 1 < iandi < lenG, then £(% - (G;1 + Giy11) — [0,1],Gi1 — [0,
1]) € Int cell(G,4,0) U {G; 1 — [0, 1]}.

(56) If1 <iandi <lenG, then £(5 - (Gi1 + Giy11) — [0,1], Giy11 — [0,
1]) C Intcell(G, 4,0) U{G,+11 — [0,1]}.

(57) If 1 < i and i < lenG, then L(3 - (Gjwidathc + Git1widine) + [0,
1], G width G + [0,1]) C Intcell(G, i, width G) U {Gi,widthG +[0,1]}.

(58) If 1 < ¢ and ¢ < lenG, then E(% . (Gz’,widthG + Gi+l,widthG) + [0,
1], Git1,width @ + [0,1]) C Intcell(G, i, width G) U {Gi—i-l,widthG +[0,1]}.

(59)  L£(Gy1—[1,1],G11 — [1,0]) € Int cell(G,0,0) U {G11 — [1,0]}.
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(60) E(Glen G,1 + [17 _1]7 Glen G,1 + [17 0]) - Int CeH(Ga len G’ 0) U {Glen G,1 + [17
0]}.

(61) E(Gl,widthG + [_171]aG1,WidthG — [1,0]) € Intcell(G,0,widthG) U
{G1,wiatne — [1,0]}.

(62) E(GlenG,width a+[1,1], Gien G, width a+[1,0]) C Int cell(G, len G, width G)U
{Glen G,width G + [17 O]}

(63)  L(Gi1—[1,1],G11 —[0,1]) C Intcell(G,0,0) U{G11 — [0,1]}.

(64)  L(Gienci+[1,—1],Gieng,1—10,1]) C Intcell(G, len G, 0) U{Gien .1 — [0,
1]}.

(65) E(Gl,widthG + [_1,1],G1,widthG + [0,1]) € Intcell(G,0,widthG) U
{G1 wiatn e + [0, 1]}.

(66) L(Gien G, width a+[1,1], Gien G, width a+[0,1]) C Int cell(G, len G, width G)U
{Glen G,width G + [07 1]}

(67) Supposel <iandi<lenG and 1< jand j+1 < widthG. Then £(3 -
(Gi,j+Gi+17j+1), %'(Gi,j—i-l +Gi+1,j+2)) C Int cell(G, 4, j)UInt cell(G, 7, j +
DU{3 - (Gijr1+ Gir1js1)}

(68) Suppose 1 < jand j < widthG and 1 <iandi+1 < lenG. Then £(3-
(Gij+ Git1,j+1)s 5 - (Gig1,j + Giaj41)) C Intcell(G, 4, j) UInt cell(G, i +
L) U{5 - (Git1j + Gir11)}-

(69) Ifl1<iandi<lenG and 1 < widthG, then £(3 - (Gi1+ Giy11) — [0,
1], %'(Gi71+Gi+172)) C Int CGH(G, 1, O)UInt Cell(G, 1, 1)U{% -(G,’71—|—Gi+171)}.

(70)  Suppose 1 < i and i < lenG and 1 < widthG. Then L(3
(Giwiathc + Gitiwiama) + 0,1, 3 - (Giwiatne + Gi1widthg-1)) C
Int cell(G, i, width G —' 1) U Intcell(G,i,widthG) U {3 - (Gjwiathe +
Gig1,widthG) }-

(71) Ifl1<jandj<widthG and 1 <lenG, then L(5 - (G1;+ G1+41) — [1,
0],% . (Gl,j + GQJ.H)) C Intcell(G,0,7) U Intcell(G, 1, 7) U {% : (GLj +
G1j+1)}-

(72)  Suppose 1 < j and j < widthG and 1 < len G. Then E(% (Giena,j +
Gienc,j+1) +[1,0], 3+ (Gien,j + Greng—1,5+1)) € Int cell(G,len G—'1, j) U
Int cell(G,len G, j) U {% (Gienc,j + Gien,j+1)}-

(73) Ifl<lenGand1l< jandj+1 < widthG, then £(5-(G1,;+G1,j1+1)—11,
0], % . (Gl,j—H + GLJ'_;_Q) — [1,0]) € Intcell(G,0,5) UIntcell(G,0,5 + 1) U
{G1,j+1 = [1,0]}.

(74)  Suppose 1 <lenG and 1 < j and j+1 < width G. Then E(% (Glenc,j+
Gren G,j+1) 1, 0], 3(Gien 6,j 41+ Glen G,j+2)+[1,0]) € Int cell(G, len G, j)U
Int cell(G,len G, j + 1) U{Glenc,j+1 + [1,0]}.

(75) Ifl1 < widthG and 1 <iandi+1 < lenG, then E(%'(Gm—I-GHLl)— [0,
1,1 - (Giy11 + Git21) — [0,1]) C Intcell(G,i,0) U Intcell(G,i + 1,0) U
{Giv11 —[0,1]}.
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(76)  Suppose 1 < widthG and 1 < i and 1 +1 < lenG. Then L(

1
2
(Giwiathc + Gittwiama) + [0,1], 3 - (Git1iwiame + Givowiatna) + [0,
1]) C Int cell(G, i, width G) UInt cell (G, i + 1, width G) U{G 11 wiath ¢ + [0,

1]}.

(77) If1<lenG and 1 < width G, then £(G11 —[1,1], 1+ (G131 +G12) — [1,
0]) € Int cell(G,0,0) U Intcell(G,0,1) U{G1,1 — [1,0]}.

(78) If 1 <lenG and 1 < width G, then £(Glenc1 + (1, —1], % (Gieng1 +
Glenc,2)+[1,0]) C Intcell(G,len G,0)UInt cell(G,len G, 1) U{Glen .1 + 1,
0]}.

(79) If1 <lenG and 1 < width G, then E(Gl,widthG+[ 1 1] (Gl w1dthG+
G widtha—'1)—[1,0]) C Intcell(G, 0, width G)UInt cell(G 0, WldthG "THu
{G1,wiatne — [1,0]}.

(80) If 1 < lenG and 1 < widthG, then L(Giengwidgthe + [1,1], % .
(Gren @width G + Glen@,widthg—1) + [1,0]) € Intcell(G,len G, width G) U
Int cell(G, len G, width G — ! Hu {GlenG width ¢ + [1,0]}.

(81) If1<widthG and 1 <lenG, then £(G11 —[1,1], 1"
1]) € Intcell(G, 0,0) U Int cell(G, 1,0) U{G11 —[0,1]}.

(82) If1 < widthG and 1 < lenG, then £(G1 widthc+[—1 1] (G1,width g+
Gawidtha) + [0,1]) € Intcell(G, 0, width G) U Int cell(G 1,widthG) U
{Gl,widthG + [07 1]}

(83) If 1 < widthG and 1 < lenG, then L(Gienc,1 + [1,—1], 2 - (Gienc1 +
Gienc—1.1) — [0,1]) € Intcell(G,lenG,0) U Intcell(G,len G =’ 1,0) U
{GlonG,l - [07 1]}

(84) If 1 < widthG and 1 < lenG, then L(Giengwidgthe + [1,1], % .
(Glen G,width G + GlenG—'1,width¢) + [0,1]) € Intcell(G,len G, width G) U
Int cell(G,len G —'1, width G)U {Glcn GwidthG + [0, 1]}

(85) If 1 <iandi+1 <lenG and 1 < j and j + 1 < width G, then
L(3 - (Gij+ Git1,+1),p) meets Int cell(G, 1, 7).

(86) If1 <iandi+1<lenG, then L(p, % . (Gi,widthG + Git1widthq) + [0,
1]) meets Int cell(G, i, width G).

(87) Ifl1<iandi+1<lenG, then £(1 - (Gi1 + Giy11) — [0,1],p) meets
Int cell(G, 7,0).

(88) If1<jandj+1<widthG, then £(}-(G1;+G141)—[1,0],p) meets
Int cell(G, 0, 7).

(89) Ifl1<jandj+1<widthG, then L(p, 1 (Gienc,j + Grenc,j+1) + [1,
0]) meets Int cell(G,len G, j).

— o

(90)  L(p,G11 — [1,1]) meets Int cell(G, 0,0).

(91)  L(p, GlenG,width ¢ + [1,1]) meets Int cell(G, len G, width G).
(92)  L(p,Giwidgth ¢ + [—1,1]) meets Int cell(G, 0, width G).

(93)  L(p,Glenc,1 + [1,—1]) meets Int cell(G,len G,0).
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