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The article [1] provides the terminology and notation for this paper.

1. GENERAL LATTICE

We follow the rules: L will be a lattice and X, Y, Z, V will be elements of
the carrier of L.

Let us consider L, X, Y. The functor X \Y yielding an element of the carrier
of L is defined by:

(Def.1) X\Y=XnNnYe.
Let us consider L, X, Y. The functor X =Y yields an element of the carrier
of L and is defined by:
(Def.2) X-Y =(X\Y)uU(Y\X).
Let us consider L, X, Y. Let us observe that X =Y if and only if:
(Def3) XCYandY CX.
Let us consider L, X, Y. We say that X meets Y if and only if:
(Defd) XNY #Lp.
We introduce X misses Y as an antonym of X meets Y.
We now state a number of propositions:
(1) XCXUYandYC XUY.
(3)! FXUYLCZ then XCZandY C Z.
(4 XNYCcCxXuZz
(5) HXCY, then XNZCYNZand ZNXLC ZNY.
(6) If XLCZ then X\Y L Z.

!The proposition (2) has been removed.
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) IEXCY, then X\ZCY)\Z
) X\YLCX.
9 X\YCX-Y.
) IX\YCZandY\XCZ then X=Y C Z.
)

X=YUZiff YC X and Z C X and for every V such that Y T V
and Z C V holds X C V.

(12) X=YNZif XCY and X C Z and for every V such that V C Y
and VC Z holds V C X.

(13) IFXUuY=YorYUX=Y, then XCY.
(14) XNy \2)=XnY\Z

(15) If X meets Y, then Y meets X.

(16) X meets X iff X # L.

17) X-Y =Y-X.

2. MODULAR LATTICE

In the sequel L will denote a modular lattice and X, Y will denote elements
of the carrier of L.

The following three propositions are true:
(18) HYCXand XNMY =17, thenY = 1;.
(2002 fXCVY,then XUY =Y and Y UX =Y.
(21)  If X misses Y, then Y misses X.

3. DISTRIBUTIVE LATTICE

In the sequel L will denote a distributive lattice and X, Y, Z will denote
elements of the carrier of L.

Next we state three propositions:
(22) IXNYUXNZ=X,then XCYUZ.
(23) XnvyuynzuznX=Xuy)nyuz)nZux).
(24) (Xuv\Z=X\2)uY\2).

2The proposition (19) has been removed.
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4. DISTRIBUTIVE LOWER BOUNDED LATTICE

In the sequel L will denote a lower bound lattice and X, Y, Z will denote
elements of the carrier of L.
The following propositions are true:

N DN
D Ot
= =

W N N N
S © 0

W W W
= W N
—_ DD DO D=

SN N N N N N N N N N N N
w w
t =

IfXC 1y, then X = 1;.

FXCYand XCEZandYNZ =1y, then X = 1.
XuY=1,iff X=1pandY = 17.
FXCYandYNZ=_1;,then XNNZ =15 .
1\ X =1;.

If X meets Y and Y C Z, then X meets Z.

If X meets Y M Z, then X meets Y and X meets Z.
If X meets Y\ Z, then X meets Y.

X misses 1y,

If X misses Z and Y C Z, then X misses Y.

If X misses Y or X misses Z, then X misses Y M Z.
IFXCY and X C Z and Y misses Z, then X = 1.
If X misses Y, then Z M X misses ZMY and X M Z misses Y N Z.

5. BOOLEAN LATTICE

We follow a convention: L will be a Boolean lattice and X, Y, Z, V will be
elements of the carrier of L.
Next we state a number of propositions:
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FX\YCZ then XCYUZ.
FXLCY, then Z\YC Z\X.

FXCYand ZCV,then X\VCY\ Z
FXCYUZ then X\YC Zand X\ ZLCY.
XCC (XMY)° and Y°C (X MY)C.
(XUY)CX®and (XUY)CCY".
FXCY\X, then X = 1.
FXCY,thenY=XU(Y\X)and Y = (Y \ X)UX.
X\Y=1,if XCV.

FXCYUZand XMZ=_1;, then XCY.
XUY=(X\Y)uy.

X\(Xuy)=1lpand X\ (YUX)=1].
X\ XNY=X\Yand X\YNNX=X\Y.
(X\Y)nY=1lpand YN (X\Y)=1;.
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XUY\X)=XUY and Y\ X)UX =Y ULX.
XNYuX\Y)=Xand (X\Y)UXNY =X.
X\Y\2)=X\Y)uXxnz

X\(X\Y)=XnY.

(XUY)\Y=X\Y.

XNy=1,if X\Y =X.
X\Yuz)=X\Y)nx\2).
X\YnNZ=(X\Y)uX\2).
XNY\Z)=XnY\XMNZand Y\Z2)NX=YNX\ZNX.
(XuyY)\XnNY=X\Y)u(({\X).
X\Y\Z=X\(YU2Z).

IfX\Y=Y\X, then X =Y.

(Lp)e="Trg.

(TL)C:J_L.

X\X=1;.

X\1lr=X.

(X\Y)=X°LuY.

X meets Y U Z iff X meets Y or X meets Z.

X MY misses X \ Y.

X misses Y LI Z iff X misses Y and X misses Z.

X \'Y misses Y.

If X misses Y, then (XUY)\Y=Xand (XUY)\X =Y.
FX°UY®=XUY and X misses X¢ and Y misses Y, then X =Y°
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and Y = X°.

(75) I X°UY®=XUY and Y misses X¢ and X misses Y, then X = X¢
and Y =Y°.

(76) X-lp=Xand Lp=X = X.

(77) X=-X=_1;.

(78) X MY misses X~Y.

(79) XUY = X=(Y\X).

(80) X-XMNY =X\Y.

(81) XUuY=(X-Y)uXxXny.

(82) X-Y-XMY=XUY.

(83) X-Y=(XUY)=XnNY.

(81) X-Y =(XUY)\XNY.

(85) (X=¥)\Z=(X\(YUZ)U(¥\(XUZ)).

86) X\(Y=2)=(X\(YUZ)UXNYNZ

87) (X=Y)~Z=X=(Y~-Z).

(88) (X=Y)=XMYUXenye.
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