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The articles([9],[[13],[[3],T1], 2], [10],[11],11R],[14],5], 18], [[¥], and [6] provide the notation and
terminology for this paper.

For simplicity, we adopt the following rules:denotes a seR denotes a ringy denotes a right
module oveR, v, v1, V» denote vectors df, andA, B denote subsets &f.

Let us consideR, let us consideW, and letl; be a subset of/. We say that; is linearly
independent if and only if:

(Def. 1) For every linear combinatidrof |1 such thaty | = Oy holds the support df= 0.

We introducd is linearly dependent as an antonyml ofs linearly independent.
One can prove the following propositions:

(ZE] If AC BandBis linearly independent, thehis linearly independent.

(3) IfOr# 1grandAis linearly independent, ther/G¢ A.

(4)  Oe carier ofv is linearly independent.

(5) IfOr# 1grand{vy,Vv,} is linearly independent, then # Oy andvy # Oy .

(6) If Or # 1R, then{v,0y } is linearly dependent anfDy, v} is linearly dependent.

For simplicity, we use the following conventioR:denotes an integral domawm,denotes a right
module overR, A, B denote subsets &f, andl denotes a linear combination Af

Let us consideR, let us consideY, and let us considek. The functor Lir{A) yielding a strict
submodule oV is defined by:

(Def. 2) The carrier of LigA) = {3 |}.
One can prove the following propositions:
(9F x e Lin(A) iff there existd such thak = |.
(10) Ifxe A thenx e Lin(A).
(11)  Lin(tne carrier ofv) = Oy
(12) IfLin(A) =0y, thenA=0o0orA={0y}.

1 The proposition (1) has been removed.
2 The propositions (7) and (8) have been removed.
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(13) For every strict submodul/ of V such that @ # 1r and A = the carrier ofW holds

Lin(A) = W.

(14) LetV be a strict right module ovd® andA be a subset df . If Or # 1gr andA = the carrier

of V, then LinA) = V.

(15) If AC B, then Lin(A) is a submodule of Li(B).

(16) For every strict right modulé overR and for all subseté, B of V such that LifA) =V

andA C B holds Lin(B) = V.

(17) Lin(AUB) = Lin(A) -+ Lin(B).

(18) Lin(ANB) is a submodule of LifA) NLin(B).
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