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The articles([10],[[5],[1/7],[[2],[[18],18],04],13],1219],0111],[18],1183],[[15] [112] [ 1141 [116] 1] .07],
and [6] provide the notation and terminology for this paper.
The following propositions are true:

(1) LetG be agroup anéli, H, be subgroups db. Then the carrier ofl; NH, = (the carrier
of Hi) N (the carrier oHy).

(2) For every grougts and for every seh holdsh € SubGIG iff there exists a strict subgroup
H of G such thah =H.

(3) LetG be a groupA be a subset dB, andH be a strict subgroup d@&. If A= the carrier of
H, then g(A) = H.

(4) LetG be a groupHi, H, be subgroups dB, andA be a subset db. If A= (the carrier of
H1) U (the carrier oHy), thenH; LIH, = gr(A).

(5) For every groups and for all subgroupsl,, H of G and for every elemerg of G such
thatg € Hy org € Hy holdsg € Hi LIH».

(6) LetGs, Gy be groupsf be a homomorphism fro®; to Gy, andH; be a subgroup db;.
Then there exists a strict subgrotip of G, such that the carrier dfi, = f°(the carrier of

Ha).

(7) LetGy, Gy be groupsf be a homomorphism froi®; to Gy, andH, be a subgroup db;.
Then there exists a strict subgroHig of G; such that the carrier dfl; = f ~(the carrier of

Hy).

(1OE] Let G1, G2 be groupsf be a homomorphism fror@; to G,, Hi, H, be subgroups dbs,
andHgs, Hg be subgroups o6,. Suppose the carrier ¢i3 = f°(the carrier ofH;) and the
carrier ofHy = f°(the carrier oHy). If Hy is a subgroup oH, thenHs is a subgroup of.

(11) LetGy, Gy be groupsf be a homomorphism fror®; to G,, Hi, Hz be subgroups ob,,
andHs, Hy be subgroups of;. Suppose the carrier ¢f3 = f‘l(the carrier ofH1) and the
carrier ofHs = f*l(the carrier oHy). If Hy is a subgroup oz, thenHsz is a subgroup ofi,.

(12) LetGy, G be groupsf be a function from the carrier @, into the carrier ofG,, andA
be a subset dB;. Thenf°A C f°(the carrier of gfA)).

1 The propositions (8) and (9) have been removed.
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(13) LetGy, Gy be groupsHs, Hy be subgroups of4, f be a function from the carrier @,
into the carrier ofG,, andA be a subset dB;. SupposeéA = (the carrier oH;) U (the carrier
of Hy). Thenf°(the carrier oH; LIH,) = f°(the carrier of gfA)).

(14) For every grougs and for every subseéX of G such thath = {1} holds g(A) = {1}c.

Let G be a group. The functd yielding a function from SubG® into 2 carier ofG g defined
as follows:

(Def. 1) For every strict subgroug of G holdsG(H) = the carrier oH.

One can prove the following propositions:

(18E] Let G be a groupH be a strict subgroup d&, andx be an element ob. Thenx € G(H)
if and only if x € H.

(19) For every grougs and for every strict subgroup of G holds ; € G(H).
(20) For every grougs and for every strict subgroug of G holdsG(H) # 0.

(21) LetG be a groupH be a strict subgroup d, andgi, g2 be elements o6. If g; € G(H)
andgy € G(H), thengs - gz € G(H).

(22) For every grougs and for every strict subgroup of G and for every elemerg of G such
thatg € G(H) holdsg™t € G(H).

(23) For every grouis and for all strict subgroup;, Hz of G holds the carrier oH; NHz =
G(H1) NG(Hy).

(24) For every grous and for all strict subgroupll;, H, of G holdsG(H; NH2) = G(Hy) N

G(Hz).

Let G be a group and Ilgt be a non empty subset of Sub@rThe functorF yields a strict
subgroup ofG and is defined as follows:

(Def. 2) The carrier oNF =N(GF).
We now state several propositions:

(25) For every grougis and for every non empty subgetof SubGIG such that{1}s € F holds
NF={l}e.

(26) For every grous and for every elemerit of SubGIG and for every non empty subdet
of SubGIG such thaF = {h} holds\F = h.

(27) LetG be a groupHs, Hz be subgroups dB, andh;, h, be elements df.g. If hy = H; and
h, = Hyp, thenhy Lihy = Hy LUH».

(28) LetG be a groupHs, Hz be subgroups dB, andh;, h, be elements df.g. If hy = H; and
h, = Hy, thenhyMhy = HiNH».

(29) LetG be a groupp be an element di.g, andH be a subgroup db. If p=H, thenH is a
strict subgroup ofs.

(30) LetG be a groupHi, H2 be subgroups dB, andp, g be elements df.g. Suppose = H;
andqg = Hy. Thenp C qif and only if the carrier oH; C the carrier oH,.

(31) LetG be a groupHi, Hz be subgroups of5, andp, g be elements of.g. If p=H; and
g=Hy, thenp C qiff Hy is a subgroup oH>.

(82) For every grou holdsLg is complete.

2 The propositions (15)—(17) have been removed.
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Let G1, G, be groups and let be a function from the carrier @; into the carrier ofG,. The

functor FuncLattf) yielding a function from the carrier df g, into the carrier of_g,) is defined
as follows:

(Def. 3) For every strict subgroup of G; and for every subset of G, such thatA = f°(the carrier

of H) holds(FuncLatt f))(H) = gr(A).

One can prove the following propositions:

(33) FOI‘ evel'y grOUlﬁ; hOIdS FunCLa(“dthe carrier OfG) = idthe carrier OﬂLG.

(34) For all groupss1, G and for every homomorphismfrom G; to G, such thatf is one-to-

one holds FuncLatf) is one-to-one.

(85) For all groupsG;, G2 and for every homomorphisnf from G; to G, holds

(FuncLattf))({1}(cy) = {1}y

(36) LetGy, G, be groups and be a homomorphism froi; to G,. Supposd is one-to-one.

Then FuncLattf) is a lower homomorphism betweéng,) andL g,).

(37) LetGq, Gy be groups and be a homomorphism fror@; to G,. Then FuncLattf) is an

upper homomorphism betweéng,) andL g,)-.

(38) LetG;, G, be groups and be a homomorphism fror®; to Gy. If f is one-to-one, then
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FuncLattf) is a homomorphism frory g, to Lg,)-
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