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Some Remarks on Finite Sequences on Go-Boafds

Adam Naumowicz
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Summary. This paper shows some properties of finite sequences on Go-boards. It
also provides the partial correspondence between two ways of decomposition of curves in-

duced by cages.

MML Identifier: JORDANIF.

WWW: http://mizar.org/JEM/Voll3/jordanlf.html

The articles([21],[[1],[120],[[24],[13], 4], [12], [28],[[22],[112],[T19],[[8],[[18],[9],[[10] [[11] [[14],
[1e], [6], 1271, [5], [7], [13], and [15] provide the notation and terminology for this paper.
We adopt the following rulesd; j, k, nare natural numberd,is a finite sequence of elements of

the carrier of£2, andG is a Go-board.
One can prove the following propositions:

(1) Suppose that
(i) fis asequence which elements belongto
(i) L(Go(i,]}),Gol(i,k)) meetsL(f),
(i) (i, j) € the indices ofG,
(iv) (i, k) € the indices ofG, and
V) i<k
Then there exista such thatj < nandn < k and(Go (i,n)), = inf(proj2’(L(Go (i, j),Go
(i, k)N L(F)).
(2) Suppose that
(i) fisasequence which elements belongto
(i) L(Go(i,]}),Gol(i,k)) meetsL(f),
(i) (i, j) e the indices ofG,
(iv) (i, k) € the indices ofG, and
V) i<k
Then there exista such thatj < nandn < kand(Go (i,n))2 = supproj2’(L(Go (i, }),Go
(i,k)NL(f))).
(83) Suppose that
(i) fisasequence which elements belongto
(i) L(Go(j,i),Go(ki)) meetsL(f),
(iiiy  (j,i) € the indices ofG,
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(iv)  (k,i) € the indices ofG, and
v) i<k
Then there exista such thatj < nandn < k and(Go (n,i)); = inf(proj1°(L(Go (j,i),Go
(ki) NL(f)).
(4) Suppose that
(i) fisasequence which elements belongto
(i) L(Go(j,i),Go(ki)) meetsL(f),
(i) (j, i) e theindices ofG,
(iv)  (k,i) e theindices ofG, and
V) i<k
Then there exista such thatj < nandn < k and(Go (n,i)); = supproj1°(L(Go(j,i),Go
(k) NL(F))).
(5) For every compact non vertical non horizontal sub:SetE% and for every natural number
n holds(UpperSe¢C,n))1 = Wnin(L(CagéC,n))).
(6) Forevery compact non verticaINnon horizontal suﬁSetE% and for every natural number
n holds(LowerSeqC,n))1 = Emax(L(CagdC,n))).
(7) For every compact non vertical non horizontal suliset £2 and for every natural number
n hoIds(UpperSecp, n))len UpperSe(C,n) — EmaX(Z(CagéC, n)))

(8) For every compact non vertical non horizontal suliset £2 and for every natural number
n hoIds(LowerSecﬁC, n))len LowerSe¢C,n) — Wmin(L(Cagécv n)))

(9) Let C be a compact non vertical non horizontal subsetZ# and n be a natural
number. ThenZ(UpperSe{C,n)) = UpperArq L(Cagé€C,n))) and L(LowerSeqC,n)) =
LowerArc(L(Cag€C,n))) or L(UpperSe{C,n)) = LowerArc(L(CagdC, n))) andL(LowerSedC, n)) =
UpperArd £L(Cag€C,n))).

We adopt the following conventio is a compact non vertical non horizontal non empty subset

of £2 satisfying conditions of simple closed curygis a point of £2, andiy, ji, i2, j2 are natural

numbers.
One can prove the following four propositions:

(10) LetC be a connected compact non vertical non horizontal subsgf aihdn be a natural
number. Then UpperSéQ, n) is a sequence which elements belong to G&Dge.

(11) Letf be a finite sequence of elementslcﬁ. Suppose that
(i) fisasequence which elements belongto
(i) there exist, j such thafi, j) € the indices ofG andp= Go (i, j), and
(iii) forall i, j1,i2, j2 such thais, j1) € the indices ofG and(iy, j2) € the indices ofG and
p=Go (il, Jl) andf; = Go (iz, ]2) hO|dS|i2— il‘ + |j2— ]1‘ =1
Then(p) " f is a sequence which elements belongto
(12) LetC be a connected compact non vertical non horizontal subsE§ @ihdn be a natural
number. Then LowerSé€g, n) is a sequence which elements belong to Géadge.
(13) Supposg; — YRoundC)EboundC) onq, — inf(proj2° (L (GaugéC, 1) o (Center GaugeE, 1), 1), Gaugeéc, 1) o

(Center Gaug€, 1), width GaugéC, 1))) N UpperArq £(CagéC,i +1))))). Then there ex-
ists j such that 1< j and j < widthGaugéC,i + 1) and p = GaugéC,i + 1) o
(CenterGauge,i+1), j).
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