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The article[1] provides the notation and terminology for this paper.

1. GENERAL LATTICE

We adopt the following conventiort is a lattice andK, Y, Z, V are elements df.
Let us consideL, X, Y. The functorX \ Y yields an element df and is defined by:

(Def. 1) X\Y =XnYe.
Let us consideL, X, Y. The functorX =Y yields an element df and is defined by:
(Def.2) X=Y = (X\Y)U(Y\X).
Let us consideL, X, Y. Let us observe that =Y if and only if:
(Def.3) XL Y andy C X.
Let us consideL, X, Y. We say thaK meetsy if and only if:
(Def. 4) XNY # 1.

We introduceX missesy as an antonym oX meetsy.
We now state a number of propositions:

(3] 1f XuY £z, thenX C ZandY C Z.
(4) XNYCXUZ
(6F 1f XCZ, thenX\YCZ.
(7) FXCY,thenX\ZCY\Z.
(8) X\YLEX.
(9) X\YCX-V.
(10) IfX\YC ZandY\XC Z, thenX~-Y C Z.
(11) X=Yuziff YC XandzZ C X and for every such thaty CV andZ CV holdsX C V.

1 The propositions (1) and (2) have been removed.
2 The proposition (5) has been removed.
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(12) X=Ynziff XCY andX C Z and for every such thav CY andV C Z holdsV C X.
@4f] xn(y\z)=(xny)\z
(15) If X meetsy, thenY meetsX.
(16) X meetsXiff X #£ L.
(17) XY =Y-=X.
Let us considet, X, Y. Let us note that the predica¥emeetsY is symmetric. Let us note that

the functorX~Y is commutative.

2. MODULAR LATTICE

In the sequel denotes a modular lattice aXd Y denote elements df.
Next we state the proposition

(21f] 1f X missesy, thenY missesX.

3. DISTRIBUTIVE LATTICE

In the sequel is a distributive lattice ani, Y, Z are elements df.
The following two propositions are true:

(22) If (XNY)U(XNZ)=X,thenX CYLZ.
@4f] (XUY)\Z=(X\Z)U(Y\2).

4. DISTRIBUTIVE LOWER BOUNDED LATTICE

In the sequel is a lower bound lattice and, Y, Z are elements df.
Next we state a number of propositions:

(25) IfXLC 1, thenX= 1.

(26) IfXCYandXEZandYMZ= 1,,thenX = 1.
(27) XUY =1, iff X=_1, andY = 1.

(28) IfXCYandYnzZ=1,,thenXnzZ=1,.

(29) L \X=1,.

(30) If X meetsy andY C Z, thenX meetsZ.

(31) If X meetsymZ, thenX meetsy andX meetsZ.
(32) If X meetsy \ Z, thenX meetsy.

(33) X missesl,.

(34) If X misseZ andY C Z, thenX missesy.

(35) If X missesy or X misse<Z, thenX missesy MZ.
(36) IfXCZYandX C ZandY missesZ, thenX = 1.
(837) If X missesy, thenZM X misseZ MY andX M Z missesy MZ.

3 The proposition (13) has been removed.
4 The propositions (18)—(20) have been removed.
5 The proposition (23) has been removed.
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5. BOOLEAN LATTICE

We use the following conventior: denotes a Boolean lattice aXdY, Z, V denote elements af.
Next we state a number of propositions:

(38) IfX\YLC Z thenXCYUZ.

(39) IFXLCY,thenZ\Y CZ\X.

(40) IfXCYandZCV,thenX\VCY\Z.
(41) XCYUZ, thenX\YCZandX\ZLCY.
(42) XS (XMY)CandY® T (XMTY)C.

(43) (XUY)CC XCand(XLY)SCYE.

(44) XCY\X, thenX = L.

(45) XY, thenY = XU (Y \X).

(46) X\Y = L1_iff XCV.

47) fXCEYuwzZandXmnzZ=1,,thenXCY.
(48) XUY = (X\Y)LY.

(49) X\ (XUY)= 1.

(50) X\ (XMY)=X\YandX\ (YNX)=X\Y.
(51) (X\Y)nY = 1..

(52) XU(Y\X)=XUYand(Y\X)UX =YUX.
(53) (XMY)u(X\Y)=X.

(54) X\ (Y\Z)=(X\Y)u(Xnz).

(55) X\ (X\Y)=Xny.

(56) (XUY)\Y=X\Y.

(57) XNy =_1_iff X\Y=X.

(58) X\ (YUZ)=(X\Y)r(x\2).

(59) X\ (YNZ)=(X\Y)U(X\Z2).

(60) XM (Y\Z)=(XNY)\(XMZ)and(Y\Z)NX = (YNX)\ (ZNX).
(61) (XUY)\ (XMY) = (X\Y)U(Y\X).
(62) X\Y\Z=X\(YUZ).

(63) IfX\Y=Y\X, thenX =Y.

66 x\x =1L

(67) X\ L =X

(68) (X\Y)S=XCLIY.

(69) X meetsy LUZiff X meetsY or X meetsZ.

6 The propositions (64) and (65) have been removed.
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(70) XY missesX\Y.

(71) X missesy UZ iff X missesy andX misse<Z.

(72) X\Y missesy.

(73) If X missesy, then(XUY)\Y =Xand(XUY)\X =Y.

(74) 1f X°UYC=XUY andX missesX® andY missesr®, thenX = Y°¢andY = XC.
(75) If X°UYC=XUY andY missesX®andX missesr®, thenX = X°¢ andY = Y¢.
(76) X-1_ =X.

(77) X=X=1,.

(78) XMY missesX-Y.

(79) XUY =X=(Y\X).

(80) X=(XMY)=X\Y.

(81) XUY = (X=Y)U(XY).

(82) X=Y=(XY)=XULY.

(83) X=Y=(XUY)=XnY.

(84) X=Y = (XUY)\ (XNY).

(85) (X=Y)\Z=(X\(YUZ)U(Y\(XUZ)).

(86) X\ (Y=2)=(X\(YU2Z)u(Xnynaz).

(87) (X=Y)=Z=X=(Y=Z).

(88) (X=Y)t=(XMY)u(Xemye).
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